showed that every measure preserving transformation can be decomposed into two measure preserving transformations, acting on disjoint invariant measurable sets, such that one of them is of zero type and the other is of positive type. However it seems that, in order to apply this result to ergodic theory, more detailed considerations are necessary. In this paper, we shall improve the result by introducing new concept of positivity and then, applying the obtained result, extend ergodic theorems of Brunei Proof. Let ^ = {Ae^; T~ιA = A and m(A) < oo}. Since m is σ-finite, there exist countably many sets A n in ^ such that Ω ++ = \J n A n is the union of ^. Let Έ c Ω ++ be any measurable set of positive measure. Then m(Έ Π A) > ε for some A e *J? and e > 0. Hence we have (Ω, &, m). The proof of the following theorem is similar to the one given by Krengel and Sucheston [4]. 
R. SATO (Ω, £ §?, m), then Ω uniquely decomposes into three measurable sets Ω o , Ω + and Ω ++ , invariant under T, such that T restricted to Ω o is of zero type, T restricted to Ω + is of weakly positive type, and T restricted to Ω
3* An application to ergodic theorems* The following definition is due to Brunei and Keane [1] . Brunei and Keane showed in [1] that if JΓ is a measure preserving transformation on a finite measure space then, for every uniform sequence k l9 k 2 , •••, the average N converges in the mean and almost everywhere. In this section we shall extend this result to σ-finite and infinite measure spaces. 
